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ABSTRACT
Despite significant progress, cell viability continues to be a central issue in droplet-based bioprinting applications. Common bioinks exhibit
viscoelastic behavior owing to the presence of long-chain molecules in their mixture. We computationally study effects of viscoelasticity of
bioinks on cell viability during deposition of cell-loaded droplets on a substrate using a compound droplet model. The inner droplet, which
represents the cell, and the encapsulating droplet are modeled as viscoelastic liquids with different material properties, while the ambient fluid
is Newtonian. The model proposed by Takamatsu and Rubinsky [“Viability of deformed cells,” Cryobiology 39(3), 243–251 (1999)] is used to
relate cell deformation to cell viability. We demonstrate that adding viscoelasticity to the encapsulating droplet fluid can significantly enhance
the cell viability, suggesting that viscoelastic properties of bioinks can be tailored to achieve high cell viability in droplet-based bioprinting
systems. The effects of the cell viscoelasticity are also examined, and it is shown that the Newtonian cell models may significantly overpredict
the cell viability.

Published under license by AIP Publishing. https://doi.org/10.1063/1.5108824., s

I. INTRODUCTION

Bioprinting is defined as the application of printing technol-
ogy to deposit living cells onto a substrate.1–6 Recent developments
in additive manufacturing have enabled printing of biocompatible
materials, biochemicals, and living cells with precise spatial con-
trol over the placement of functional components on a substrate.1,3,5

Among the goals are to print tissues and organs suitable for trans-
plantation and to create physiologically relevant disease7,8 and tissue
models.9–11 However, bioprinting is still at an early stage in its devel-
opment, and there is a long way from printing functional organs.3,5

Thus, much research is currently focused on the postprinting cell
viability and functionality.12 In this respect, computational tools can
be harnessed to understand the underlying factors affecting the cell
viability and shape fidelity, and optimize the operating conditions.13

Of various approaches, droplet-based bioprinting has proven
to be a promising form of bioprinting due to its simplicity, high

spatial resolution, high throughput, noncontact printing, and abil-
ity to form concentration gradients of bioactive materials.6 There
are several droplet-based cell-printing modalities including inkjet
bioprinting,1,14,15 acoustic droplet ejection,16,17 and microvalve bio-
printing.18,19 Inkjet bioprinting, the most widely used technique
for biological applications, is based on conventional inkjet printing
technology.5 Inkjet bioprinters are generally classified as continuous
and drop-on-demand inkjet printers. Drop-on-demand inkjet print-
ing is particularly well-suited for deposition of living cells since it is
designed to generate picoliter-scale droplets from aqueous solutions
and precisely position them on a substrate; this approach can be
used directly for the deposition of most biological species.3 However,
inkjet bioprinting faces several challenges such as a narrow range of
available bioinks, significant bioprinting-induced cell damage, lim-
ited mechanical and structural integrity of the bioprinted constructs,
and restrictions on the size of the constructs due to a lack of vas-
cularization and scaffold porosity.6 The cell damage mainly occurs
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during ejection and impingement of a cell-loaded droplet onto the
substrate; the latter of these processes is the subject of the present
study. In the nozzlefree methods, such as the acoustic bioprinting,16

impingement is the main cause of the cell damage. In addition, in
the cell spray deposition method, the mechanical forces exerted on
the cells within the spray nozzle are much lower than the shear stress
that occurs during the impact on the substrate.20

Despite the cushioning provided by the encapsulating droplet,
the cell may undergo significant deformation with large and rapid
increases in the physical forces, such as shear stress and pressure,
during the impact of the droplet on the substrate. This signifi-
cantly influences not only the cell viability but also its ability to
perform its essential functions in the tissue construct in the long
term after printing. Therefore, these stresses can determine the suc-
cess of the entire cell-printing process. The biomaterial solutions
used to encapsulate living cells are called bioinks, and it is cru-
cial that the selected bioink provides sufficient protection for the
cells against stressors during the printing process. There are four
main types of bioink materials: hydrogels, microcarriers, cell aggre-
gates, and decellularized matrix components.21 All of these mate-
rials contain long-chain molecules (polymers) and hence exhibit
viscoelastic behavior. In addition, biological cells naturally con-
tain various long-chain molecules (proteins), making viscoelastic
liquids inherently a better model for the cells compared to the
Newtonian counterparts.22,23 Therefore, it is of fundamental impor-
tance to understand effects of viscoelasticity on the bioprinting
process.

Cell viability, defined as the number of healthy cells in a sam-
ple, determines the amount of alive cells, based on a total cell sample.
Viability assays are used to determine the ability of cells to main-
tain viability and it is quantified by an index between 0 and 1. The
value of 0 represents dead cells, while the value of 1 represents fully
alive cells. Given the fact that the cell viability and functionality are
closely related to the mechanical stresses exerted on the cell dur-
ing the printing process, computational modeling can be used to
gain deeper insight into impact dynamics of a cell-loaded droplet
and thereby optimize cell-printing parameters such as the impact
velocity, relative size of encapsulating droplet, and material prop-
erties of bioinks.13 Computational modeling of the droplet-based
bioprinting is a challenging task due to highly complicated interac-
tions between the cell, the encapsulating droplet, and the substrate.
Adding viscoelasticity to the encapsulating droplet and the cell flu-
ids makes the problem even more challenging for the numerical
simulations. Early computational modeling of the cell-encapsulating
droplet printing was performed by Wang et al.24 using a smoothed
particle hydrodynamics method; however, this model was created
under the assumption that the receiving substrate is coated with the
same liquid as that of the encapsulating droplet. Tasoglu et al.25 used
a compound-droplet model in which both the biological cell and the
bioink are modeled as Newtonian fluids. Based on the cell viability
model proposed by Takamatsu and Rubinsky,26 they hypothesized
that cell damage is related to the increase in area of cell mem-
brane. Therefore, they modeled the probability of cell survival as
a function of the relative change in the cell membrane area com-
pared to that of an undisturbed cell. They showed that high cell
viability can be achieved by decreasing Reynolds number and the
surface tension at the air-bioink interface. They also observed that
cell viability increases as the equilibrium contact angle, cell/droplet

viscosity ratio, and droplet/cell diameter ratio increase. Later,
Hendriks et al.20 developed an analytical model based partly on
the computational results of Tasoglu et al.25 and demonstrated that
the cell viability can be controlled and optimized by manipulat-
ing the properties of the droplet fluid and operating conditions.
He et al.27 modeled the droplet-based bioprinting as a compound
droplet deposited into a pool of a Newtonian viscous solution in
which the cell is assumed to be an elastic solid encapsulated by
a viscous Newtonian fluid. Using this model, they identified four
stages within the cell-printing process and provided an estima-
tion for the duration and magnitude of the mechanical stresses
exerted on the cell in each stage. In the present study, we use a
compound-droplet model similar to that of Tasoglu et al.25 but
we instead model the cell and the encapsulating droplet as vis-
coelastic liquids with different material properties. We thus focus
on the effects of viscoelasticity on cell viability in the droplet-based
bioprinting.

Compound droplets have generally been studied in the context
of Newtonian liquid systems28–35 and only a few studies have con-
sidered the effects of viscoelasticity on the deformation and dynam-
ics of compound droplets.36–38 Toose et al.36 developed a boundary
element method to model the dynamics of non-Newtonian com-
pound droplets under axisymmetric flow conditions. They iden-
tified the dominant breakup mechanism of compound drops in
relation to the specific non-Newtonian behavior of the membrane.
Zhou et al.37 computationally studied the formation of a viscoelas-
tic compound droplet in a flow-focusing geometry but did not
consider its dynamics afterward. More recently, Domejean et al.38

demonstrated the controlled production of submillimeter liquid
core hydrogel capsules for multiplexed three-dimensional (3D) cell
culture.

Viscoelastic compound droplets have often been used to
model biological cells, e.g., white blood cells.39–41 Khismatullin and
Truskey39 numerically studied the effects of cell deformability and
viscoelasticity on the adhesion of leukocytes to surfaces in a parallel-
plate flow chamber. They found that viscoelasticity has a signif-
icant effect on leukocyte adhesion. They demonstrated that cell
viscoelasticity triggers the cell to transition from a spherical to a
teardrop shape and thereby slowing down its rolling velocity signif-
icantly. Tatsumi et al.41 studied the dynamics of lymphocytes in a
microchannel both numerically and experimentally. They modeled a
lymphocyte using a non-Newtonian compound droplet with shear-
thinning effects in the cytoplasm and the nucleus. They found that
the conventional Newtonian simple-droplet model fails to predict
the deformation of a cell in the contraction region, where the non-
linear effects become significant. On the other hand, the compound-
drop model yielded the results that were consistent with the exper-
imental measurements of lymphocyte deformation. More recently,
Nooranidoost et al.42 developed a compound-droplet model to study
encapsulation of biological cells in a flow-focusing geometry. They
developed a phase diagram for a range of inner and outer cap-
illary numbers, identified four different cell encapsulation modes
and determined the conditions for the single cell encapsulation
as the favorable mode for bioprinting systems. They also exam-
ined the effect of viscoelasticity on formation of cell-encapsulating
droplets.43 They found that success rate for the single cell encap-
sulation may be improved by adjusting viscoelasticity of the shell
fluid.
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In the present study, for the first time, we computationally
investigate the effects of viscoelasticity on the dynamics of a com-
pound droplet impacting on a flat substrate as a model for the
droplet-based bioprinting. The compound droplet model consists
of the inner droplet (cell), the encapsulating droplet (bioink), and
the surrounding air. The cell and bioink are modeled as viscoelas-
tic fluids with different material properties while air is modeled as
a Newtonian fluid. The receiving substrate is modeled as a perfectly
smooth and rigid wall. The viscoelasticity is accounted for using the
FENE-CR model (Finite Extendable Nonlinear Elastic-Chilcott and
Rallison)44 and particle-resolved simulations are performed using a
front-tracking method for a wide range of viscoelastic parameters.
In particular, extensive computations are performed to investigate
the cell deformation (and, indirectly, the cell viability) as a function
of the Weissenberg number (Wid) and the polymeric viscosity ratio
(βd) based on the encapsulating droplet fluid properties in the ranges
of 0 ≤Wid ≤ 100 and 0 ≤ βd ≤ 0.9. Further simulations are also car-
ried out to demonstrate the importance of the cell viscoelasticity for
accurate predictions of the cell viability.

II. PROBLEM STATEMENT AND FORMULATION
The impingement of a compound droplet on a flat surface is

shown schematically in Fig. 1, where the cell, the bioink, the sur-
rounding air, and the solid substrate are shown in red, green, blue,
and yellow, respectively. The compound droplet is initially located
close to the flat surface and initiated with a uniform impact velocity
(Vcol) directed toward the substrate [Fig. 1(a)]. The ambient fluid is
initially quiescent. The compound droplet impinges and spreads on
the solid surface, which causes the cell to deform due to the stresses
built up in the bioink [Fig. 1(b)]. This deformation is the main cause
for the cell damage that may result in its death in extreme cases.
Both the cell and bioink fluids contain long-chain molecules and
thus exhibit viscoelastic behavior. The effects of viscoelasticity con-
tained in the cell and bioink on the mechanical deformation and
viability of the cell under different conditions of practical impor-
tance are our main focus in the present study. For this purpose,
the cell and the encapsulating droplet are modeled as viscoelas-
tic fluids using a FENE-CR model,44 while the ambient fluid (air)
is modeled as a Newtonian fluid. In a FENE-CR liquid, polymers
are modeled as finitely extensible mass-spring dumbbells in a solu-
tion, so it is deemed to be a more realistic than the Maxwell and
Oldroyd-B models where the polymers are assumed to be infinitely
extensible.36,37 The substrate is treated as a rigid solid with a smooth

flat surface. The flow is assumed to be axisymmetric. Therefore,
only one half is used as the computational domain that extends 3
and 1.5 encapsulating droplet diameters in the radial and the axial
directions, respectively. The computational domain and the sym-
metry axis are, respectively, shown by the white and gray dashed
lines in Fig. 1(b). Symmetry boundary conditions are applied at the
axis of symmetry while the gradient-free boundary conditions are
imposed at the top and lateral boundaries for all the flow quanti-
ties. The no-slip boundary conditions are used on the solid wall for
all the flow quantities except for the interface for which the no-slip
boundary conditions are known to yield a stress singularity near the
contact line. The boundary conditions are expressed mathematically
in Fig. 1(b), where u, v, A, and p are the velocity components in
the radial and axial directions, conformation tensor and pressure,
respectively.

Following Muradoglu and Tasoglu,57 a slip-contact line model
based on the dynamic contact angle is used to treat the moving
contact line. The treatment is briefly described here for complete-
ness and the readers are referred to Muradoglu and Tasoglu57 for
the details. The drop interface is monitored during the simulation
and the front-element crossing the threshold line (e.g., the hori-
zontal dashed magenta line in the sketch) is connected to the wall
such that the contact angle is equal to the dynamic contact angle
of θD. Kistler’s correlation58 is used to relate the dynamic con-
tact angle to the static contact angle (θe) and the capillary num-
ber Cacl = μd|Vcl|/σo, where μd, Vcl, and σo are viscosity of the
encapsulating droplet, velocity of the contact line and interfacial
tension of the outer interface, respectively. To do this, we first
compute

θDi = fHoff(Cacl + f −1
Hoff(θe)), (1)

where fHoff is the Hoffman function defined as

fHoff(ξ) = arccos{1 − 2 tanh[5.16( ξ
1 + 1.31ξ0.99 )

0.706

]}. (2)

We finally compute the dynamic contact angle as

θD = {
θDi if Vcl ≥ 0 (advancing),

2θe − θDi if Vcl < 0 (receding).
(3)

The implementation details of the slip-contact line model can be
found in Muradoglu and Tasoglu.57

The deformation and the rate of deformation of the inner
droplet (cell) are hypothesized to determine the viability of the cell.25

FIG. 1. Schematic illustration of the impingement and
spreading of a compound droplet on a solid substrate in a
bioprinting system. (a) The initial position and (b) after the
impingement.
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The deformation of the cell is quantified using the deformation
parameter defined as γ = A/A0, where A and A0 are the surface areas
of the deformed and the undeformed cells, respectively.20,26 We also
use a cell viability model proposed by Takamatsu and Rubinsky26

to compute the cell viability and to identify how much the cell is
damaged due to mechanical deformation. This model is based on the
experimental data obtained from compression of cells between two
parallel plates. They measured the percentage of destroyed cells by
calculating the ratio between the total number of cells and impaired
cells stained by trypan blue. Then, assuming the cells experience a
geometrically ideal deformation, they derived a correlation between
relative change in the cell membrane area and cell destruction.26 As
a cell deforms, its surface area increases proportionally. Takamatsu
and Rubinsky26 found that the cell membrane is stretched but the
cell remains intact until the cell membrane area increases up to 5%.
However, a further increase in the cell surface area can result in a
rupture and consequently death of the cell. Then, they modeled the
probability of cell survival (η) as a function of maximum instanta-
neous value of cell deformation (γmax) and proposed the following
relation for the viability of an individual cell:

η(γ) =
⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩

1 for γmax < γcr − Δγ,
1
2 −

γmax−γcr
2Δγ for γcr − Δγ ≤ γmax ≤ γcr + Δγ,

0 for γmax > γcr + Δγ,
(4)

where the critical membrane expansion (critical cell deformation)
and the range of surface expansion in which the cells partly sur-
vive are specified as γcr = 1.5 and Δγ = 0.5, respectively. Hence,
the probability of cell survival (η) varies between 0 ≤ η ≤ 1, it is 0
when γmax > 2 (i.e., the cell is dead) and is 1 when γmax ≤ 1 (i.e.,
the cell is certainly alive). An important deficiency of this model
is that it does not say anything about the loss of cell functionality
caused by mechanical stress and deformation. This model assumes
an elastic cell membrane response to mechanical stresses and neg-
ligible lipid membrane replenishment during the deformation.20,26

We also note that this model assumes a perfectly rigid substrate and
thus underpredicts the cell viability for the case where the substrate
is soft.20

Assuming that the flow is incompressible in all phases, the mass
and momentum conservation equations can be written as46,47

∇ ⋅ u = 0, (5)

∂ρu
∂t

+∇ ⋅ (ρuu) = −∇p +∇ ⋅ μs(∇u +∇uT) +∇ ⋅ τ

+ ∫
A
σκnδ(x − xf)dA, (6)

where u is the velocity vector, ρ and μs are the discontinuous density
and solvent viscosity fields, respectively, p is the pressure, and τ is
the viscoelastic extra stress tensor. The last term in the momentum
equations represents the surface tension, where σ is the surface ten-
sion coefficient, κ is the mean curvature, n is the outward unit vector
normal to the interface, and δ is the three-dimensional delta func-
tion. The surface tension force acts only on the interface location
denoted by xf.

Both the cell and encapsulating fluids are modeled as viscoelas-
tic liquids using the FENE-CR model44 given by

∂A
∂t

+∇ ⋅ (uA) − (∇u)T ⋅A −A ⋅ ∇u = − L2

L2 − trace(A)
A − I
λ

,

(7)

τ = μp(
L2

L2 − trace(A))
A − I
λ

, (8)

where A, λ, L, I, and μp are the conformation tensor, the relax-
ation time, the extensibility parameter (i.e., the ratio of the length
of a fully extended polymer dumbbell to its equilibrium length), the
identity tensor, and polymeric viscosity, respectively. Note that the
conformation tensor (A) is a symmetric positive definite tensor rep-
resenting the average conformation of coil structure of polymers
under different flow conditions.45 The conformation tensor may be
considered as the nondimensional viscoelastic stress tensor.

In the simulations, the diameters of the encapsulating droplet
and the cell are set to the experimental values of Demirci and
Montesano16 as do = 37 μm and di = 13 μm, respectively. The den-
sity and the total viscosity of the encapsulating droplet and the cell
are selected to be in the range of the values used by Tasoglu et al.25

and are summarized in Table I for all the three phases of the inner
droplet (cell), the encapsulating droplet (bioink), and the ambient
air. Note that the total viscosity is defined as the sum of the solvent
and polymeric viscosities, i.e., μ = μs + μp. These values are also in
the range of the parameters used by Hendriks et al.20 except for the
viscosity of the cell and the density of the ambient fluid. The vis-
cosity of the cell is taken here as an order of magnitude larger than
that of the encapsulating droplet mainly for the numerical purposes
although the actual apparent viscosity of the cell is much higher. For
the same reason, the density of the surrounding air is also set to
ρo = 51.5 kg/m3, which is about 40 times larger than its physi-
cal value. Although not shown here, it is found that the density of
ambient fluid does not have any significant influence on the impact
dynamics as long as it is 20 times or more smaller than that of
the encapsulating droplet liquid as also reported by Tasoglu et al.25

Surface tension at the air-bioink interface and the bioink-cell inter-
face is 0.076 22 and 0.000 03 N/m, respectively (σo/σi = 2541), as
also used by Tasoglu et al.25 Note that the same value for the sur-
face tension at the air-bioink was also used by Matubayasi and
Nishiyama.59 Unless specified otherwise, in all the results presented
in this paper, the relaxation time and the polymeric viscosity ratio
for the cell are specified as λc = 1.85 × 10−3 s and βc = 0.5, respec-
tively. We selected these values to get the Weissenberg number in
the range 0 ≤ Wi ≤ 100, which is in the range of previous numeri-
cal studies.37,60 The relaxation time and the polymeric viscosity ratio
for the encapsulating droplet are varied between zero (Newtonian)

TABLE I. The material properties of the ambient, the encapsulating droplet, and the
cell fluids.

Density Total viscosity Relaxation
Fluids (kg/m3)25 (Pa s)25 time (s)

Ambient fluid 51.5 6.35× 10−5 0
Encapsulating droplet 1030 2.54× 10−3 0–1.85 × 10−3

Cell 1030 1.27× 10−2 1.85 × 10−3
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and the respective value of the cell fluid. Following Izbassarov and
Muradoglu,51 the extensibility parameter for the cell and the encap-
sulating droplet fluids is assumed to be the same and specified as
L = 15. Although not shown here, we also performed simulations
for various values of the extensibility parameter and found that this
parameter does not affect the cell deformation and viability signifi-
cantly. The equilibrium contact angle is specified as θe = 60○, which
is much larger than the value in the experimental study, i.e., the
static contact angle in the experimental work is around 10○.16 We
choose a larger contact angle because it is computationally expen-
sive to resolve the thin liquid layer close to the solid surface for small
contact angles and, more importantly, a higher contact angle (or
hydrophobicity) is more desirable to prevent cell damage. In fact,
in many bioprinting systems, a thin layer of coating material such as
3-(Trimethoxysilyl)propyl methacrylate (TMSPMA) is usually used
to coat the substrate in order to enhance the hydrophobicity before
printing.61,62 This coating will increase the contact angle and the
ultimate contact angle is typically in the range of 45○ ≤ θe ≤ 135○.
Therefore, our equilibrium contact angle of 60○ is an accepted value.
The impact velocity is specified as Vcol = 2 m/s in all the results pre-
sented in this paper as a representative value of the experimental
conditions.16

The governing equations are solved in their dimensional forms
but the results are expressed in terms of the relevant nondimensional
parameters. The length and the velocity scales are selected as the
initial droplet diameter (do) and the impact velocity (Vcol), respec-
tively. Time scale is then computed as do/Vcol. The pressure and
stress components are normalized with ρV2

col. Based on these scales,
the relevant nondimensional parameters can be written as

Wic =
λcVcol

do
, Wid =

λdVcol

do
, We = ρdV

2
coldo
σo

,

Re = ρdVcoldo
μd

,
ρd
ρo

,
ρc
ρd

,βd =
μp,d

μp,d + μs,d
, βc =

μp,c

μp,c + μs,c
,

μd
μo
=
μp,d + μs,d

μo
,
μc
μd
= μp,c + μs,c
μp,d + μs,d

,

(9)

where Wic, Wid, We, Re, βd, and βc are the Weissenberg num-
ber of the cell, the Weissenberg number of the encapsulating
droplet, the Weber number, the Reynolds number, the poly-
meric viscosity ratios in the encapsulating droplet, and in the cell,
respectively.

III. NUMERICAL METHOD
A one-field formulation is used to solve the flow equations

for all phases in the entire computational domain. The flow equa-
tions [Eqs. (5) and (6)] are solved fully coupled with the viscoelastic
model equations [Eqs. (7) and (8)] in two steps using a projec-
tion method. In the first step the pressure gradient is ignored and
the unprojected velocity is computed. Then, using this unprojected
velocity the pressure is calculated by solving a nonseparable Poisson
equation.47

We use the front-tracking method developed for particle-
resolved simulations of viscoelastic multiphase flow systems by
Izbassarov and Muradoglu48 to treat the multiphase part of our
simulations. The front-tracking method was introduced by Unverdi

and Tryggvason46 and has been successfully applied to study a wide
range of interfacial flows as reviewed by Tryggvason et al.47,49 The
method has been extended to treat viscoelastic effects and applied to
study various multiphase flows.50–54 In a front-tracking method, the
field equations are solved on a regular structured staggered Eulerian
grid using a projection method and the interface between different
phase is tracked explicitly by a Lagrangian grid consisting of con-
nected marker points47 as shown in Fig. 2. The marker points are
advected with the local flow velocity interpolated from the Eulerian
grid and then the indicator function is computed based on the loca-
tion of the marker points using the standard procedure as described
by Tryggvason et al.47 The Lagrangian grid (marker points) are also
used to compute surface tension, which is then smoothed on to
the Eulerian grid and added to the discrete momentum equations
[Eq. (6)]. As the interface evolves with the flow, the marker points
are dynamically added or deleted to keep the point density nearly
uniform and comparable to the underlying Eulerian grid, which is
needed to fully resolve the interface.

The material properties vary discontinuously across phase
boundaries. An indicator function, ϕ, is used to distinguish different
phases and to set the material properties in the entire computational
domain. Referring to Fig. 2, the indicator function is defined for the
present three-phase flow as

ϕ =
⎧⎪⎪⎪⎪⎨⎪⎪⎪⎪⎩

2 in the cell,
1 in the encapsulating droplet,
0 in the ambient fluid.

(10)

The indicator function can be computed using the standard tech-
nique based on the location of the interfaces as described by Tryg-
gvason et al.47 Once it is computed, any generic material property,
ψ, can be set in all three phases as

ψ = {
ψdϕ + ψo(1 − ϕ) if ϕ ≤ 1,
ψc(ϕ − 1) + ψd(2 − ϕ) otherwise,

(11)

FIG. 2. Schematic illustration of the computational setup. The interfaces are rep-
resented by a Lagrangian grid consisting of marker points and the field equations
are solved on a stationary Eulerian grid.47,48
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where the subscripts c, d, and o denote the properties of the cell liq-
uid, the encapsulating droplet liquid, and the ambient fluid, respec-
tively. Equation (11) is used to compute density ρ, solvent viscos-
ity μs, polymeric viscosity μp, and relaxation time λ in the entire
computational domain.

The spatial derivatives are approximated using central differ-
ences on a staggered Eulerian grid except for the convective terms
in the viscoelastic model equations for which a fifth-order upwind
WENO-Z scheme55 is used to resolve a thin viscoelastic stress
boundary layer especially near the fluid-fluid interfaces. Time inte-
gration is performed using a first order explicit Euler method.
Although not shown here, it is generally found that the temporal
error is negligible and much smaller than the spatial error in all the
results presented in this paper. The time step is restricted to main-
tain numerical stability of the present explicit method. Considering
the viscous, convective, and capillary time scales, the time step is
determined based on the linear stability as

Δt =αsf min( h2
min

4smax
,
hmin

Umax
,

√
((ρc + ρd)h3

min)
4πσi

,

√
((ρd + ρo)h3

min)
4πσo

),

(12)

where smax is the largest among the kinematic viscosities of the flu-
ids μc/ρc, μd/ρd and μo/ρo, hmin is the smallest grid size and Umax
is the maximum magnitude of the velocity in the domain. Note
that the time step is multiplied by a safety factor, αsf , taken here as
αsf = 0.425 in order to avoid instabilities due to viscoelastic and
other nonlinear effects. We note that a second-order predictor-
corrector time integration scheme is readily available as an option

in the present numerical method but the first order scheme is used
to facilitate extensive simulations.

The log-conformation method developed by Fattal and Kupfer-
man56 is employed to circumvent the high Weissenberg number
problem (HWNP) in solving the viscoelastic model equations. As
discussed by Izbassarov and Muradoglu,48,50,51 the log-conformation
method preserves the positive-definiteness of the conformation ten-
sor at the numerical solution level and thus stabilizes the numerical
scheme even at very large values of the Weissenberg numbers.

Finally, for the contact line treatment, the drop interface is
assumed to connect the solid wall when the distance between the
drop and solid wall becomes smaller than a prespecified threshold
value hth (Fig. 2), taken in the present study as hth = 2Δz where Δz
is the Eulerian grid size. We note that Muradoglu and Tasoglu57

showed that the results are not very sensitive to the threshold dis-
tance in the range 1.5Δz ≤ hth ≤ 3Δz. The details of numerical meth-
ods for the front-tracking method, viscoelasticity, and treatment of
contact line can be found in Tryggvason et al.,47 Izbassarov and
Muradoglu,48 and Muradoglu and Tasoglu,57 respectively.

Simulations are performed by varying a single parameter at a
time while keeping all the other parameters constant in order to
demonstrate the sole effects of the given parameter on the flow. To
facilitate this, we define a baseline case as

Wic = 100, Wid = 1, We = 2, Re = 30, βd = 0.5,

βc = 0.5, L = 15, σo/σi = 2541,
μc
μd
= 5,

μd
μo
= 40,

ρd
ρo
= 20,

ρc
ρd
= 1, do/di = 2.85, θe = 60○.

(13)

FIG. 3. Evolution of a compound droplet impacting on a flat surface. The left and right haves show the Newtonian (Wid = 0) and the viscoelastic (Wid = 10, βd = 0.9, L = 15)
encapsulating droplet cases, respectively. The extend of the encapsulating droplet is indicated by the thick horizontal black line together with the numerical value at each
instant just below the corresponding inset, where Ro is the radius of the initial encapsulating droplet. Time evolves from left to right and from top to bottom. (We = 2, Re = 30,
Wic = 100, βc = 0.5, do/di = 2.85, σo/σ i = 2541, μc /μd = 5, μd /μo = 40, ρc /ρd = 1, ρd /ρo = 20, θe = 60○.)
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Note that the baseline case is determined to be in the range of the
parameters used in Tasoglu et al.25 Since we mainly focus here on
the effects of the viscoelasticity contained in the bioinks, we present
extensive simulation results showing the effects of the Weissenberg
number and the polymeric viscosity ratio based on the encapsulating
droplet fluid properties. However, we also present further results to
demonstrate the importance of the cell viscoelasticity for accurate
predictions of the cell viability.

IV. RESULTS AND DISCUSSIONS

Extensive simulations are performed using the compound
droplet model to investigate the effects of viscoelasticity of the
encapsulating droplet on the cell viability during the impingement
on a flat substrate. The viscoelasticity is characterized by the Weis-
senberg number and the polymeric viscosity ratio. Since previ-
ous studies have shown that cell damage is largely caused by cell

FIG. 4. Evolution of a viscoelastic compound droplet impacting on a flat substrate for a moderate polymeric viscosity ratio of βd = 0.5 (left half) and a high poly-
meric viscosity ratio of βd = 0.9 (right half), and for Wid = 0.1, 1, and 100 from left to right, respectively. The extend of the encapsulating droplet is indicated by
the thick horizontal black line together with the numerical value at each instant just below the corresponding inset, where Ro is the radius of the initial encapsulat-
ing droplet. The time progress from top to bottom and the snapshots are taken at times t∗ = 0, 0.32, 0.54, and 3.78. The constant contours denote the average
polymer extension [

√

trace(A)]. (We = 2, Re = 30, Wic = 100, βc = 0.5, L = 15, do/di = 2.85, σo/σ i = 2541, μc /μd = 5, μd /μo = 40, ρc /ρd = 1, ρd /ρo = 20,
θe = 60○.)
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deformation rather than other stressors such as shear stress and
pressure,20,25,26 we investigate the effect of viscoelasticity on cell
deformation and relate it to cell viability.

A uniform grid is employed in all the computations. Although
not shown here due the space considerations, a comprehensive grid
convergence study is done to determine the minimum grid size
required to reduce the spatial discretization error below a thresh-
old value. It is found that a computational grid containing 512 × 256
cells in the radial and axial directions, respectively, is sufficient to
reduce the spatial error below 0.5% for all the flow quantities. There-
fore, this grid resolution is used in all the results presented in this
paper. Since the time step is restricted to maintain the numerical
stability in the present explicit numerical method, the time step-
ping error is found to be negligible compared to the spatial error

as also reported in the previous studies.25,51,53 We also note that
the code has been rigorously validated previously for the similar
problems25,51,57 so separate validation tests have not been repeated
here.

We first show the effects of viscoelasticity of the encapsulat-
ing droplet fluid qualitatively in Fig. 3 where the snapshots taken
at times t∗ = 0, 0.32, 0.54, 1.08, 1.62, and 3.78 are plotted for
the Newtonian (Wid = 0) and the viscoelastic (Wid = 10 and
βd = 0.9) encapsulating droplet cases on the left and the right sides,
respectively. In both cases, the cell is viscoelastic (Wic = 100 and
βc = 0.5) and the other parameters are the same as the base-
line case. The square root of the trace of the conformation tensor
[
√

trace(A)] is also plotted in Fig. 3 as a measure of the aver-
age polymer extension. It is clearly seen in this figure that the cell

FIG. 5. Cell deformation (left) and rate of
cell deformation (right) for 0 ≤ βd ≤ 0.9
and Wid = 0.1, 1, 100. (We = 2, Re = 30,
Wic = 100, βc = 0.5, L = 15, do/di = 2.85,
σo/σ i = 2541, μc /μd = 5, μd /μo = 40,
ρc /ρd = 1, ρd /ρo = 20, θe = 60○.)
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deformation is significantly reduced in the viscoelastic case show-
ing the enhancement of the cell viability by the viscoelasticity of the
bioinks. The extend of the encapsulating droplet is indicated by the
thick horizontal black line together with the numerical value at each
instant just below the corresponding inset, where Ro is the radius
of the initial encapsulating droplet. As the initially spherical com-
pound droplet impacts and spreads on the substrate, the polymers in
the viscoelastic encapsulating droplet are extended rapidly creating a
thin viscoelastic boundary layer near the substrate. Although there is
a large viscoelastic stress built up in the viscoelastic boundary layer,
the cell is lubricated and kept sufficiently far from the wall as seen in
the figure. It is interesting to observe that the deformation patterns
are markedly different in the Newtonian and the viscoelastic cases.
Although the encapsulating droplet deforms more, the inner droplet
(cell) deforms significantly less in the viscoelastic case. A close exam-
ination reveals that the extended polymers in the boundary layer
induce large viscoelastic stresses that push the fluid outward near the
contact line to enhance the spreading rate. This is the main mecha-
nism that makes the viscoelastic droplet spread more rapidly than
that of the Newtonian counterpart as also reported by Izbassarov
and Muradoglu.51 As a result, the fluid between the inner droplet
and the wall drains more rapidly pulling the entire inner droplet
down nearly uniformly, which significantly reduces the cell defor-
mation and consequently improves its viability in the viscoelastic
case.

We next investigate the effects of the viscoelastic parameters
on the dynamics of the compound droplet and the cell viability. For
this purpose, simulations are performed to examine the effects of
the Weissenberg number of the encapsulating droplet by varying
Wid in the range of 0.1 ≤ Wid ≤ 100 at a moderate (βd = 0.5) and
a high (βd = 0.9) polymeric viscosity ratios, while the other param-
eters are fixed at the baseline values. The evolution of the droplet
and the cell shapes are shown in Fig. 4 for βd = 0.5 (left half) and
βd = 0.9 (right half), for Wid = 0.1, 1, 100, where the constant con-
tours of the average polymer extension [

√
trace(A)] are also plot-

ted to show the evolution of the viscoelastic stresses. This figure
qualitatively shows that the viscoelastic stresses increase with both
the Weissenberg number and the polymeric viscosity ratio but the
dependence on the Weissenberg number is more dramatic. As the
viscoelastic stresses increase, the cell deformation decreases resulting
in a significant enhancement of the cell viability.

In a typical experiment, the fluid viscoelasticity is usually
increased by adding more polymers into the solvent, increasing both
the polymeric viscosity and the relaxation time. To mimic this, fur-
ther simulations are performed to examine the combined effects of
the Weissenberg number and the polymeric viscosity ratio of the
encapsulating droplet in the range of 0.1 ≤ Wid ≤ 100 and 0 ≤ βd
≤ 0.9, while keeping all other parameters fixed at the baseline values.
Note that we reduce the solvent viscosity while increasing the poly-
meric viscosity such that the total viscosity of the bioink remains
fixed. In fact, the polymeric viscosity ratio essentially modifies the
effective Weissenberg number defined as Wi′ = βWi.50 As more
polymers are added to the bioink fluid, the viscoelastic stresses are
expected to get enhanced akin to the high Weissenberg number
cases, thus the fluid between the inner droplet and the wall is drained
more rapidly pulling the entire inner droplet down nearly uniformly.
The deformation and the rate of deformation of the cell are plotted
as a function of the dimensionless time in Fig. 5 for Wid = 0.1, 1,

100 and 0.1 ≤ βd ≤ 0.9. This figure confirms the earlier qualitative
observation in Figs. 3 and 4 that the cell deformation decreases as
either or both of βd and Wid increase. In addition, the rate of the
cell deformation also decreases with these parameters but at a sig-
nificantly smaller rate. The cell deformation looks similar for all the
cases in the early time when the viscoelastic stresses are not suffi-
ciently developed but then the effects of viscoelasticity become more
pronounced in such a way that increasing Wid and βd decreases
the cell deformation. The deformation eventually reaches a nearly
steady state value for all the cases. Notice that the cell remains sig-
nificantly deformed even though the deformation parameter seems
to have reached a steady state. This is because the surface tension of
the cell interface is extremely small (e.g., σo/σi = 2541), so it takes a
very long time for the cell to return to its equilibrium spherical cap
shape. It is also interesting to observe that, for the all values of Wid,
the rate of the cell deformation (γ) exhibits a damped oscillatory
behavior.

Next, we examine and quantify the cell viability using the model
proposed by Takamatsu and Rubinsky.26 The estimated cell viability
is plotted in Fig. 6 as a function of the polymeric viscosity ratio for
various Weissenberg numbers in the rangeWid = 0 (Newtonian) and
Wid = 100 (highly viscoelastic). This figure shows that the viscoelas-
ticity generally enhances the cell viability. As the polymeric viscosity
ratio increases, the cell viability increases monotonically. However,
as the Weissenberg number increases, the cell viability first increases
monotonically and then saturates at about Wid = 10, i.e., the cell via-
bility is not affected significantly when the Weissenberg number is
further increased beyond this value.

Different cells exhibit different viscoelastic behavior. We finally
investigate the effects of the cell viscoelasticity on the cell deforma-
tion and the cell viability. For this purpose, simulations are per-
formed for ranges of the cell Weissenberg number and the cell
polymeric viscosity ratio while the other parameters are fixed at the

FIG. 6. The estimated cell viability vs the polymeric viscosity ratio in the range
0 ≤ βd ≤ 0.9 for the Weissenber numbers Wid = 0, 0.1, 1, 10, and 100. (We = 2,
Re = 30, L = 15, Wic = 100, βc = 0.5, do/di = 2.85, σo/σ i = 2541, μc /μd = 5,
μd /μo = 40, ρc /ρd = 1, ρd /ρo = 20, θe = 60○.)

Phys. Fluids 31, 081901 (2019); doi: 10.1063/1.5108824 31, 081901-9

Published under license by AIP Publishing

https://scitation.org/journal/phf


Physics of Fluids ARTICLE scitation.org/journal/phf

FIG. 7. Effects of viscoelasticity contained in the inner droplet (cell) on evolution of a viscoelastic compound droplet impacting on a flat substrate. The left and right halves
of the inner droplet show the Newtonian (Wic = 0) and the viscoelastic (Wic = 1, 10 and 100 from left to right, respectively, βc = 0.5) cases. The time progresses from top to
bottom and the snapshots are taken at times t∗ = 0, 0.32, 0.54 and 3.78. The constant contours denote the average polymer extension [

√

trace(A)]. The encapsulating
droplet is viscoelastic (We = 2, Re = 30, Wid = 1, L = 15, do/di = 2.85, σo/σ i = 2541, μc /μd = 5, μd /μo = 40, ρc /ρd = 1, ρd /ρo = 20, θe = 60○).

FIG. 8. Effects of cell viscoelasticity on
cell deformation. The time evolution of
the cell deformation is plotted for the cell
Weissenberg numbers Wic = 1, 10, 50
and 100 (left) and the cell polymeric vis-
cosity ratios βc = 0, 0.2, 0.5 and 0.8
(right). The polymeric viscosity ratio is
βc = 0.5 in the left plot and the Weis-
senberg number is Wic = 100 in the right
plot (We = 2, Re = 30, Wid = 1, βd = 0.5,
L = 15, do/di = 2.85, σo/σ i = 2541, μc /μd
= 5, μd /μo = 40, ρc /ρd = 1, ρd /ρo = 20,
θe = 60○).
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FIG. 9. The estimated cell viability vs the cell polymeric viscosity ratio in the range
of 0 ≤ βc ≤ 0.8 for the cell Weissenberg numbers Wic = 0, 1, 10, 50 and 100
(We = 2, Re = 30, Wid = 1, βd = 0.5, L = 15, do/di = 2.85, σo/σ i = 2541, μc /μd = 5,
μd /μo = 40, ρc /ρd = 1, ρd /ρo = 20, θe = 60○).

baseline values. The effects of viscoelasticity contained in the inner
droplet (cell) on the evaluation of a viscoelastic compound droplet
impacting on a flat substrate are shown in Fig. 7 for βc = 0.5, and
Wic = 0 (Newtonian), 1, 10, and 100. The encapsulating droplet
is also viscoelastic with Wid = 1, βd = 0.5 and L = 15. This figure
shows that the evolution of the inner droplet as well as the entire
compound droplet system is very similar in the early stages for all
Wic values but the inner droplet deforms more as Wic increases in
the final stage mainly due to a nonuniform viscoelastic stress dis-
tribution in the vertical direction in the inner droplet that pulls the
upper surface of the inner droplet downward causing more defor-
mation. It is interesting to see that the viscoelasticity contained in
the inner droplet enhances/reduces the cell deformation/the cell via-
bility, which is in contrast with the viscoelasticity contained in the
encapsulating droplet (bioink) that reduces/enhances the cell defor-
mation/the cell viability. This observation is quantified in Fig. 8. As
seen, the cell deformation monotonically increases as either or both
of the cell Weissenberg number and the cell polymeric viscosity ratio
increase. As Wic increases, the cell deformation increases signifi-
cantly but eventually saturates at about Wic = 50. A further increase
in Wic beyond this value results in a negligible increase in the cell
deformation. On the other hand, the cell deformation monotonically
increases with the cell polymeric viscosity ratio. The estimated cell
viability is plotted against the cell polymeric viscosity ratio in Fig. 9
for Wic = 0, 1, 10, 50, and 100. As seen, the cell viability decreases sig-
nificantly as the viscoelasticity of the cell increases, suggesting that
the Newtonian cell models overpredict the cell viability and should
be used cautiously.

V. CONCLUSIONS
A compound droplet model is used to examine the effects of

viscoelasticity on the cell viability during the impact of a cell-loaded
droplet on a flat substrate in droplet-based bioprinting. The vis-
coelasticity is contained both in the biological cell and the encapsu-
lating droplet but the focus is placed on the effects of the viscoelastic-
ity in the encapsulating droplet fluid. Viscoelasticity is characterized

by the Weissenberg number and polymeric viscosity ratio, and com-
prehensive simulations are performed to investigate their influence
on the cell deformation and the deformation-induced cell damage.
Takamatsu and Rubinsky’s model26 is used to quantify the cell via-
bility. Further simulations are performed to show the importance
of the cell viscoelasticity in modeling the droplet-based bioprinting.
The main findings can be summarized as follows:

1. The viscoelasticity of the encapsulating droplet fluid (bioink)
generally enhances the cell viability.

2. The cell viability increases monotonically as polymeric viscos-
ity ratio of bioink increases.

3. The cell viability first increases monotonically as the Weis-
senberg number increases but then saturates at about Wid = 10.
The cell viability becomes insensitive to a further increase in
the Weissenberg number beyond this limit.

4. The viscoelasticity of the cell generally reduces the cell via-
bility. Therefore, the Newtonian cell models may significantly
overpredict the cell viability.

In a typical bioprinting experiment, surface coatings such as
3-(Trimethoxysilyl)propyl methacrylate (TMSPMA) are used to
covalently link bioprinted constructs upon deposition to glass plates
in order to prevent them from lifting off the glass plate and
ensure successful long-term culture. In future research, the effects
of dynamic contact angle variations due to the interaction between
varying polymer amounts in the solvent (i.e., modeled here with
increasing polymeric viscosity and relaxation time) and various
surface coating materials of the receiving surfaces can be studied.
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